Abstract: Surface and underground stretched deformation is one of the most important physical measurement quantities for geological-disaster monitoring. In this study, a parallel helical sensing cable (PHSC) based on the time-domain reflectometry (TDR) technique is proposed and used to monitor large ground stretched deformation. First, the PHSC structure and manufacturing process are introduced, and then, distributed capacitance, distributed inductance, and characteristic impedance were derived based on the proposed stretched-structure model. Next, the relationship between characteristic impedance and stretched deformation was found, and the principle of distributed deformation measurement based on the TDR technique and PHSC characteristic impedance was analyzed in detail. The function of the stretched deformation and characteristic impedance was obtained by curve fitting based on the theoretically calculated results. A laboratory calibration test was carried out by the designed tensile test platform. The results of multi-point positioning and the amount of stretched deformation are presented by the tensile test platform, multi-point positioning measurement absolute errors were less than 0.01 m, and the amount of stretched deformation measurement absolute errors were less than 3 mm, respectively. The measured results are in good agreement with the theoretically calculated results, which verify the correctness of theoretical derivation and show that a PHSC is very suitable for the distributed measurement of the ground stretched deformation.
Introduction
In recent years, natural geological disasters, such as earthquakes, landslides, and mudslides, have occurred frequently in earthquake-stricken areas, which are serious threats to human life, safety, and economic security. Ground deformation is one of the most important physical measurement quantities for monitoring and predicting geological disasters. Sensing technology is mainly used to monitor ground deformation, including draw-wire displacement sensor technology [1, 2] , global positioning system (GPS) technology [3, 4] , total station observation technique [5] , remote sensing technique [6] [7] [8] , synthetic aperture radar (SAR) technology [4, 9] , laser scanning technology [10] , optical fiber sensing technology [11] [12] [13] [14] [15] , and time-domain reflectometry (TDR) technology [16, 17] .
The draw-wire displacement sensor is a two-point measurement, which can accurately measure the relative displacement between two points, but it is difficult to reflect the whole stretched deformation using this method. GPS technology can monitor three-dimensional displacement information by point distribution measurement [18] . However, the measured position must ensure
Mechanism of a Parallel Spiral Transmission Line
A PHSC used as a sensing component for the distributed measurement of ground deformation is typically buried under the ground. All the parameters of a PHSC, including the characteristic impedance and pitch, are basically fixed if there is no geological deformation. The characteristic impedance is changed when the PHSC is stretched, and the change of the characteristic impedance accurately reflects the stretched deformation. The characteristic impedance and the position of the deformation can be measured by the tensile test platform, the relationship between stretched deformation and the characteristic impedance can be found, and the determination position and the amount of stretched deformation of the surface and the underground deformation can also be determined [25] . The relationship between the characteristic impedance and the stretched deformation is the focus of this research. A photograph and structure diagram of the PHSC used here are shown in Figure 1 . It is composed of a central silica gel strip, parallel copper wires of a silicone outer sheath, and an outer silicone protective sleeve [26] . The PHSC has good stretching ability, because the silica material has a certain elasticity and the parallel copper wires are spirally wound around the central silica gel strip. The length of the PHSC refers to the central silica gel strip length, and because they have the same structure, the same analysis principle is used in any parallel spiral transmission lines manufactured with different materials and sizes. The four types of PHSC are listed in Table 1 , TS means that the conductors of the parallel wires are twisted, tinned copper wires. For example, the 24AWG PHSC is fabricated by 40 tinned copper wires with a diameter of 0.08 mm, the cross-sectional area of total 40 wires is 40 × π × 0.04 2 mm 2 , and the equivalent diameter (D e ) is about 0.5060 mm, obtained from the cross-sectional area.
Sensors 2019, 19, 1297 3 of 14 because the silica material has a certain elasticity and the parallel copper wires are spirally wound around the central silica gel strip. The length of the PHSC refers to the central silica gel strip length, and because they have the same structure, the same analysis principle is used in any parallel spiral transmission lines manufactured with different materials and sizes. The four types of PHSC are listed in Table 1 , TS means that the conductors of the parallel wires are twisted, tinned copper wires. For example, the 24AWG PHSC is fabricated by 40 tinned copper wires with a diameter of 0.08 mm, the cross-sectional area of total 40 wires is 40 × π × 0.04 2 mm 2 , and the equivalent diameter (De) is about 0.5060 mm, obtained from the cross-sectional area.
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Principle of the TDR Technique
The TDR technique is usually used for local ground deformation monitoring. TDR instruments are composed of a step signal generator with an 80E04 TDR module and a high-speed sampling oscilloscope of Tektronix DSA8300 (Tektronix, Shanghai, China). The measurement method is shown in Figure 2a . The beginning of the PHSC is connected to the 80E04 TDR module and the Tektronix DSA8300, and the end of the sensor is in an open state. The high-frequency step signal is transmitted into the PHSC, and the reflected signal is acquired by TDR instrument after a time delay. Then, the reflection coefficients and characteristic impedance of the sensing cable are calculated by sampling the reflected voltage signal. Figure 2b is a typical step signal incident and measured waveform, where ZDUT is the impedance of the tested devices, Z0 is the characteristic impedance of the TDR measurement system, which is 50 Ω, Vincident is the incident step signal voltage value, Vreflected is the reflected signal voltage value, and Vmeasured is the measured voltage value, which is equal to (Vincident + Vreflected).
The reflection coefficient ρ is written as follows:
Therefore, the characteristic impedance Z of the PHSC can be obtained by the following [27, 28] :
When the PHSC is stretched, the stretched deformation becomes larger, which leads to a change in Z. The position of the characteristic impedance change is expressed as follows: 
The TDR technique is usually used for local ground deformation monitoring. TDR instruments are composed of a step signal generator with an 80E04 TDR module and a high-speed sampling oscilloscope of Tektronix DSA8300 (Tektronix, Shanghai, China). The measurement method is shown in Figure 2a . The beginning of the PHSC is connected to the 80E04 TDR module and the Tektronix DSA8300, and the end of the sensor is in an open state. The high-frequency step signal is transmitted into the PHSC, and the reflected signal is acquired by TDR instrument after a time delay. Then, the reflection coefficients and characteristic impedance of the sensing cable are calculated by sampling the reflected voltage signal. Figure 2b is a typical step signal incident and measured waveform, where Z DUT is the impedance of the tested devices, Z 0 is the characteristic impedance of the TDR measurement system, which is 50 Ω, V incident is the incident step signal voltage value, V reflected is the reflected signal voltage value, and V measured is the measured voltage value, which is equal to (V incident + V reflected ).
Therefore, the characteristic impedance Z of the PHSC can be obtained by the following [27, 28] : When the PHSC is stretched, the stretched deformation becomes larger, which leads to a change in Z. The position of the characteristic impedance change is expressed as follows:
where the L location is the reflected position from the beginning of the PHSC, ν is the transmission speed of the step signal in the PHSC, and T is the time difference between the reflection point and the input point measured by the TDR [29] . where the Llocation is the reflected position from the beginning of the PHSC, ν is the transmission speed of the step signal in the PHSC, and T is the time difference between the reflection point and the input point measured by the TDR [29] .
Distributed Parameters and Characteristic Impedance of PHSC
If the resistance of a 100 m length is less than 10 Ω for the four types of PHSC, then the influence of the distributed resistance can be neglected [30] . For lossless transmission lines or low-loss transmission lines, the characteristic impedance is expressed as
where the L is the unit length conductance and C is unit length capacitance. The units of L and C are H/m and F/m, respectively.
In order to obtain the relationship between the distributed parameters and the stretched deformation (s) of the PHSC, the cross-section model of the PHSC in the stretched region is shown in Figure 3a . The PHSC is divided into the normal region, gradient region, and the stretched region. A0 and B0 are the two parallel copper wires in the center of the stretched region. There are (2N + 1) turns of spiral wires in the stretched region. N turns are in the left region, and another N turns are in the right region. The charge densities of two parallel copper wires A and B are −η and +η, respectively. The radius of the two wires are r, the fixed distance of the two parallel copper wires is d, and the pitch of spiral transmission line is (d + s). The diameter of the central silica gel strip is D, which is a structural constant, and the angle between the wire and the vertical direction is θ. Assuming that there exists a point P at the middle of B0 and AR1, based on the Biot-Savart law [31, 32] , the electric field strength E shown in Figure 3b along the x-axis direction at point P for a finite wire B 0 B 0 ' with uniform current density is expressed as
where the ε is relative permittivity and the Lp is the length of the wire B 0 B 0 ' and
x is the distance from point P to origin O.
According to the superposition theorem, the electric field strength sum at point P is given by
where the first letter of the subscript represents the parallel wire A or B and the second letter indicates 
If the resistance of a 100 m length is less than 10 Ω for the four types of PHSC, then the influence of the distributed resistance can be neglected [30] . For lossless transmission lines or low-loss transmission lines, the characteristic impedance is expressed as
where the L is the unit length conductance and C is unit length capacitance. The units of L and C are H/m and F/m, respectively. In order to obtain the relationship between the distributed parameters and the stretched deformation (s) of the PHSC, the cross-section model of the PHSC in the stretched region is shown in Figure 3a . The PHSC is divided into the normal region, gradient region, and the stretched region. A 0 and B 0 are the two parallel copper wires in the center of the stretched region. There are (2N + 1) turns of spiral wires in the stretched region. N turns are in the left region, and another N turns are in the right region. The charge densities of two parallel copper wires A and B are −η and +η, respectively. The radius of the two wires are r, the fixed distance of the two parallel copper wires is d, and the pitch of spiral transmission line is (d + s). The diameter of the central silica gel strip is D, which is a structural constant, and the angle between the wire and the vertical direction is θ. Assuming that there exists a point P at the middle of B 0 and A R1 , based on the Biot-Savart law [31, 32] , the electric field strength E shown in Figure 3b along the x-axis direction at point P for a finite wire B 0 B 0 with uniform current density is expressed as
where the ε is relative permittivity and the L p is the length of the wire B 0 B 0 and L p = D 2 cos θ . The x is the distance from point P to origin O. According to the superposition theorem, the electric field strength sum at point P is given by
where the first letter of the subscript represents the parallel wire A or B and the second letter indicates the parallel wire at the left or right of point P.
Each electric field strength is expressed as
where the K is the number of PHSC turns on the left and right of point P.
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(a) (b) Directed line segment l from the nearest point P along the B0 and AR1 direction is selected; if the direction of l is same as the electric field E, then the potential difference between B0 and AR1 is given by
Equations of (7)a-d are brought into Equation (8), and the potential difference U can be derived as Directed line segment l from the nearest point P along the B 0 and A R1 direction is selected; if the direction of l is same as the electric field E, then the potential difference between B 0 and A R1 is given by
Equations (7a)-(7d) are brought into Equation (8), and the potential difference U can be derived as
where ζ AL , ζ BL , ζ AR , and ζ BR are the mathematical integral results. According to the characteristics of the definite integral and circuit symmetry, there are
In order to simplify the calculation and guarantee the calculation precision, set K = 3. Then, for 22AWG PHSC (r = 0.3099 mm, d = 1.6 mm, D = 4.6 mm, θ = 30 • ), the initial value of s is equal to d, the curves of ζ AL , ζ BL and (ζ BL − ζ AL ) with s are shown in Figure 4 . When the PHSC is stretched, the s becomes larger, and all the results increase, but the rate of increase slows down.
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According to Equation (11), the electric field strength becomes larger with the increase of s, but the charge density is a constant. Additionally, the distribution capacitance becomes smaller and the distribution inductance becomes larger. Then, the distributed capacitance C is obtained as
The constitutive parameters (μ,ε) in the medium are given by
Then, the distributed inductance can be expressed as Based on the Gauss theorem, it is known that the capacitance per unit length between B 0 and A R1 is the ratio of the charge density to the voltage, which is given by
The constitutive parameters (µ,ε) in the medium are given by
Then, the distributed inductance can be expressed as
where the µ is relative permeability. Based on Equations (4), (12), and (14), the characteristic impedance Z of PHSC is obtained as [33] 
It can be seen from Equation (15) The characteristic impedance Z of four types of PHSC are shown in Figure 6 . It can be seen that Z decreases as the value of De increases. When the PHSC is stretched, s becomes larger. Z gradually increases with the increase of s, but the rate of increase slows down. Z at the center point of the PHSC is a maximum when s is a fixed value. Because the deformation region is divided into the stretched deformation region, gradual region, and a normal region, Z will be decreased from the maximum at the center point of the stretched region to the minimum of the normal region. The characteristic impedance Z of four types of PHSC are shown in Figure 6 . It can be seen that Z decreases as the value of D e increases. When the PHSC is stretched, s becomes larger. Z gradually increases with the increase of s, but the rate of increase slows down. Z at the center point of the PHSC is a maximum when s is a fixed value. Because the deformation region is divided into the stretched deformation region, gradual region, and a normal region, Z will be decreased from the maximum at the center point of the stretched region to the minimum of the normal region.
In application, the tensile deformation should be obtained based on the measured characteristic impedance of the PHSC. However, considering that Equation (15) is very complex, the inverse function In application, the tensile deformation should be obtained based on the measured characteristic impedance of the PHSC. However, considering that Equation (15) is very complex, the inverse function is not easy to obtain. A simple inverse function is easily obtained by curve fitting based on the theoretically calculated results shown in Figure 6 . The inverse function for four types PHSC is given by ln a s Zb c = +    (16) where a, b, and c are the fitting coefficients. Figure 6 . The calculated characteristic impedance Z of the four types of PHSC.
Measurement Experiments

Tensile Test Platform
In order to verify the theoretical derivation correctness and realize the distributed deformation measurement of the ground, it is necessary to establish a PHSC tensile test platform and carry out a stretching experiment. The established tensile test platform shown in Figure 2 is composed of the stretching structure, a TDR measurement system, and a host computer [34] . The stretched structure shown in Figure 7 is mainly composed of mechanical structure and a stepper motor. 
In order to verify the theoretical derivation correctness and realize the distributed deformation measurement of the ground, it is necessary to establish a PHSC tensile test platform and carry out a stretching experiment. The established tensile test platform shown in Figure 2 is composed of the stretching structure, a TDR measurement system, and a host computer [34] . The stretched structure shown in Figure 7 is mainly composed of mechanical structure and a stepper motor. The software interface for the distributed measurement of deformation based on the TDR technique is shown in Figure 8 , and it consists of a waveform display, parameter setting, data sampling, data analysis, and result export. The waveform display function can display the timedomain reflection waveforms of multiple results in one picture to facilitate the observation of the waveform change of the deformation position and also actively identify and mark the starting point The software interface for the distributed measurement of deformation based on the TDR technique is shown in Figure 8 , and it consists of a waveform display, parameter setting, data sampling, data analysis, and result export. The waveform display function can display the time-domain reflection waveforms of multiple results in one picture to facilitate the observation of the waveform change of the deformation position and also actively identify and mark the starting point and endpoint of the PHSC. The unit of the ordinate axis is set to the characteristic impedance. The length of the PHSC and the parameters of function by curve fitting based on the theoretically calculated results are written into the parameter setting region. The sampling command is sent to the TDR by the data sampling function. Then, the waveforms are acquired and sent to the host computer. The data analysis function is used to analyze the acquired waveforms. First, according to the waveforms, the beginning and the end of the PHSC are located, and the waveform propagation time is calculated. The transmission speed of the step signal in the PHSC is obtained under the length of the PHSC, which is known. Second, the stretched position and the stretch region are found based on the change of the characteristic impedance. The stretched deformation s is calculated according to Equation (16) . The amount of the stretched deformation is a product of (s-d), and the parallel wire turns in the stretched region. For many stretched regions, the positions can be found, and the acquired waveforms are analyzed, respectively. 
Point Positioning Calibration Experiment
To determine the distributed measurement of the ground stretched deformation by using PHSC, the first step is to locate the position of the stretched region. In many cases, multiple positions are simultaneously stretched, while ground deformations occur in many places. Therefore, multiple stretched points should be located and calculated. A 6.6 m AWG22 PHSC (r = 0.3099 mm, d = 1.6 mm, D = 4.6 mm, θ = 30°, ε = 5.5) was selected for the stretched deformation experiment, and the stretching center point was selected to be 2, 3.5, and 5 m from the beginning of the PHSC, respectively. The tensile region was set to 140 mm, and the amount of the deformation was set to 20 mm. A photograph of the multi-point positioning measurement experiment is shown in Figure 9 . A set of measured results are listed in Table 2 . It can be seen that the measurement of the absolute errors was less than 0.01 m, and the results have an accuracy rating of 0.2. 
To determine the distributed measurement of the ground stretched deformation by using PHSC, the first step is to locate the position of the stretched region. In many cases, multiple positions are simultaneously stretched, while ground deformations occur in many places. Therefore, multiple stretched points should be located and calculated. A 6.6 m AWG22 PHSC (r = 0.3099 mm, d = 1.6 mm, D = 4.6 mm, θ = 30 • , ε = 5.5) was selected for the stretched deformation experiment, and the stretching center point was selected to be 2, 3.5, and 5 m from the beginning of the PHSC, respectively. The tensile region was set to 140 mm, and the amount of the deformation was set to 20 mm. A photograph of the multi-point positioning measurement experiment is shown in Figure 9 . A set of measured results are listed in Table 2 . It can be seen that the measurement of the absolute errors was less than 0.01 m, and the results have an accuracy rating of 0.2. Figure 9 . A set of measured results are listed in Table 2 . It can be seen that the measurement of the absolute errors was less than 0.01 m, and the results have an accuracy rating of 0.2. 
Stretched Deformation Experiment
A 6.6 m AWG24 PHSC (r = 0.25303 mm, d = 1.6 mm, D = 4.6 mm, θ = 30 • , ε = 5.5) was selected for the tensile deformation experiment, and the stretching center point was selected to be 2 and 4 m from the start point of the test PHSC, respectively. The stretched region was set to 200 mm, the initial value of s was 1.6 mm, and there were 62.5 turns in the tensile region. The maximum value of the characteristic impedance was measured by the PHSC tensile test platform. A set of measured results were selected and are listed in Table 3 . The comparison between the measured results and the theoretically calculated results based on the distributed parameters model is shown in Figure 10 . Table 3 . The s and measured maximum Z at the 20 and 4 m positions. The theoretically calculated results are in good agreement with those measured by the experiment, verifying the reliability of the physical model and the measurement method. The measured results at 2 m from the beginning of the PHSC are in good agreement with the theoretically calculated results, which is mainly due to the end of the test PHSC in the open state. The incident signal is a total reflection station at the end of the PHSC. The reflected signal voltage near the end changed relatively drastically, and the characteristic impedance changed relatively drastically, which affected the measurement accuracy. The inverse function can be obtained by curve fitting based on the theoretically calculated results shown in Figure 6 for AWG24 PHSC. The coefficients of Equation (16) were filled into the host computer's software interface, as shown in Figure 8 . The local stretched deformation measurement was carried out for the same 6.6 m AWG24 PHSC (r = 0.2530 mm, d = 1.6 mm, D = 4.6 mm, θ = 30 • , ε = 5.5), and the stretching center point was selected to be a position 2.5 and 4.5 m from the starting end of the PHSC, respectively. The stretched region was set to 200 mm, the initial value of s was 1.6 mm, and the turns of the PHSC in the tensile region were 200/3.2, which is 62.5. The amount of the stretched deformation was increased from 0 to 50 mm with an initial step with a 5 mm increase. The incremental step of s is 0.080 mm from the initial value. The sampling characteristic impedance curves cut from the host computer software interface are shown in Figure 11 . The measured characteristic impedance at the center point of the stretched region is a maximum, and there is a decrease from the maximum to the minimum in the normal region. The formation mechanism of the characteristic impedances in the partial amplified area is consistent with the previous theoretical analysis. The measured characteristic impedances and tensile amount are listed in Table 4 . When the amount of stretched deformation is small, the absolute errors are within 2 mm. As the amount of the stretched deformation increases, the absolute error increases and is less than 3 mm, from the 0 to 50 mm stretching amount. The inverse function can be obtained by curve fitting based on the theoretically calculated results shown in Figure 6 for AWG24 PHSC. The coefficients of Equation (16) were filled into the host computer's software interface, as shown in Figure 8 . The local stretched deformation measurement was carried out for the same 6.6 m AWG24 PHSC (r = 0.2530 mm, d = 1.6 mm, D = 4.6 mm, θ = 30°, ε = 5.5), and the stretching center point was selected to be a position 2.5 and 4.5 m from the starting end of the PHSC, respectively. The stretched region was set to 200 mm, the initial value of s was 1.6 mm, and the turns of the PHSC in the tensile region were 200/3.2, which is 62.5. The amount of the stretched deformation was increased from 0 to 50 mm with an initial step with a 5 mm increase. The incremental step of s is 0.080 mm from the initial value. The sampling characteristic impedance curves cut from the host computer software interface are shown in Figure 11 . The measured characteristic impedance at the center point of the stretched region is a maximum, and there is a decrease from the maximum to the minimum in the normal region. The formation mechanism of the characteristic impedances in the partial amplified area is consistent with the previous theoretical analysis. The measured characteristic impedances and tensile amount are listed in Table 4 . When the amount of stretched deformation is small, the absolute errors are within 2 mm. As the amount of the stretched deformation increases, the absolute error increases and is less than 3 mm, from the 0 to 50 mm stretching amount. 
Conclusions
This research describes the mechanism of using a PHSC for the distributed measurement of ground deformation. The following conclusions have been drawn based on the theoretical analysis and experimental results.
(1) Ground deformation monitoring based on the TDR technique and proposed PHSC is a very feasible technique, and the sensing parallel spiral transmission line implantation method is quite effective. (2) A distribution parameter calculation model of PHSC is proposed and used to derive the distributed capacitance, distributed inductance, and characteristic impedance. The distribution capacitance becomes smaller with the increase of stretched s, and distribution inductance becomes larger. The relationship between the stretched deformation and the characteristic impedance of PHSC can be found based on the model and is shown here as Equation (15) . It can be seen from Equation (15) that the impedance increases when the cable is stretched. (3) The derived characteristic impedance is related to the physical size of the equivalent radius of the two wires, the fixed distance between the two parallel copper wires, the pitch of the spiral transmission line, the diameter of the central silica gel strip, and the angle between the wire and the vertical direction. The characteristic impedance decreases with the value of the equivalent radius of the two wires. (4) The characteristic impedance at the stretched center point is a maximum when s is a fixed value.
The deformation region is divided into the stretched deformation region, the gradual region, and a normal region. The characteristic impedance decreases from the maximum at the center point of stretched region to the minimum of the normal region. show that the PHSC can measure the rock-soil large deformation and verify the accuracy of the theoretical derivation.
In future work, the model for the characteristic impedance and stretched deformation should be further optimized to improve the measurement accuracy. The parallel helical sensing cable should be applied to monitor the distributed measurement of ground deformation.
